a r t i c l e i n f o a b s t r a c t
Let us recall that C.H. Dowker proved (look at [1, 2] 
To every space X one assigns the dimension K-Ind X which is an integer −1 or ∞. The dimension function K-Ind is defined in the following way:
If the set K contains only one complex K , we write K = K and K-Ind X = K -Ind X . 
Lemma 2.8. If U is an open F σ -subset of a space X , then U is a cozero-set, i.e. there exists a continuous function
ϕ : X → [0, 1] such that U = ϕ −1 (0, 1]. 2 Strong swelling lemma 2.9. Let Φ = (F 1 , . . . , F m ) ∈ Fin s (exp X). Then there exists a family u = (U 1 , . . . , U m ) of open subsets of X such that F j ⊂ U j , j = 1, . . . ,m, and N(Cl(u)) = N(Φ), where Cl(u) = (Cl(U 1 ), . . . , Cl(U m )).∩ Y ⊂ B j , j = 1, . . . ,m. Let C j = A j ∪ B j and γ = (C 1 , . . . , C m ). Then N(γ ) ⊂ K . 2
Main results
Let K be a non-empty set of complexes and let X be a hereditarily normal space. 
Proof. We shall apply induction with respect to n. For n = −1 the theorem is obvious. Assume that the corresponding statements hold for dimensions less than n 0 and consider a hereditarily normal space X satisfying the assumption of our 
From (3.6), (3.7) and the Nerve lemma (Lemma 2.10) it follows that N(β) ⊂ K . 
where
From (3.10), (3.13), and the Nerve lemma (Lemma 2.10) it follows that N(γ ) ⊂ K . Consequently, γ is a K -neighbourhood of Φ in X . Then the set
To check (3.19) it suffices to prove that
On the other hand, 
Consequently, the definition of G j implies that
Thus, the condition (3.21) is checked as well. Hence the equality (3.19) is proved. Since P ∩ Q = ∅, we have Q = R \ P .
On the other hand,
K-Ind Q because of (3.14)
n − 1.
Consequently, by the inductive assumption we have
The condition (3.29) implies that K-Ind X n. 2
Let us consider the following properties of a space X :
As a corollary of Theorem 3.1 we have Remark 3.6. The answer is "yes" if K contains a disconnected complex K . In fact, in this case, K-Ind X = Ind X (look at [4] ) for every normal space X , and dimension Ind satisfies the countable sum theorem in the class of all perfectly normal spaces (look at [1, 2] ).
